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Abstract
Closed-loop reverse electrodialysis (RED) systems that use a thermolytic solution for low-
grade waste heat recovery have attracted significant attention. They have several cost
benefits, e.g., the absence of repetitive pretreatment and removal of locational constraints,
when compared with open-loop RED systems using seawater and river water. This study
presents a model of RED that uses ammonium bicarbonate, and this is a promising
solution for closed-loop systems. The modified Planck-Henderson equation is used to
calculate the ion exchange membrane potential. The calculation is based on the conduc-
tivity measurements as ionization carbonate electrochemical information has not been
reported before this study. The solution resistance is experimentally determined. The
experimentally obtained permselectivity is implemented into the model to predict the
membrane potential more accurately. The results of the improved model are well matched
with experimental results under results under various operating conditions of the RED
system. In addition, in the model of this study, the net power density was characterized
with the consideration of the pumping loss. The improved model predicts a maximum net
power density of 0.84 W/m2 with an intermembrane distance of 0.1 mm, a flow rate of
3 mL/min, and a concentration ratio of 200 as optimum conditions. The results of the
study are expected to improve our understanding of the ammonium bicarbonate-RED
system and contribute to modeling studies using ammonium bicarbonate or certain other
compounds for novel technologies of waste heat recovery.
Keywords: reverse electrodialysis (RED), closed-loop, waste heat, ammonium
bicarbonate, thermolytic solution
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1. Introduction
The increase in world energy consumption has led to a significant increase in the demand for
fossil fuels. The increase in fossil fuel consumption causes various problems, including global
warming and climate change. The Paris climate conference underscores the collective, world-
wide attention on preventing bigger disasters. Several studies have focused on lessening and
replacing the consumption of fossil fuels. An emerging source is waste heat, which is not only
a cause of heat pollution but also a source for generating electricity in a different way [1, 2].
There are several techniques to harness waste heat, e.g., the organic Rankine cycle (ORC) and
thermoelectric power. However, there are several disadvantages for the recovery of energy by
using these techniques, such as environmentally harmful refrigerants, downsizing in ORC
systems, low efficiency, and poor form factor in thermoelectric elements [3–9].
The reverse electrodialysis (RED) system combined with thermal separation components
could form a closed loop that harnesses the waste heat by utilizing the salinity gradient energy
(SGE) [10]. RED is a power generation technique based on SGE. RED mixes of two different
salinity solutions with ion exchange membranes (IEM). It includes advantage of not emitting
environmentally harmful gases. It also obtains unlimited, free fuel supply in the vicinity of
places where seawater and river water meet. Conversely, the accessibility to these natural
resources limits its locational options. Furthermore, the high cost of maintenance of the RD
stack is a challenging problem for actual implementation. Especially, the IEMs, a core compo-
nent, are still exposed to fouling problems, and the fouled IEMs should be either replaced with
new ones or recovered [11, 12]. These problems of RED can be overcome by combining a RED
system with a thermal separation component because of its closed-loop characteristics [13–16].
The difference of salinity solution concentrations retains the electromotive force by separating
the increased solute from the diluted side and recapturing it in the concentrated solution
without any fresh solution supply, and thus the process is operated as a closed-loop system.
The closed-loop system mitigates the geographical limitations as a continuous supply of fresh
seawater (high concentration solution) and river water (low concentration solution) is not
necessary, thereby preventing the possible risks of membrane fouling as well as saving
pretreatment costs.
A thermolytic solution that is easily separated at a relatively low temperature is necessary for
the process. Traditionally, organic and ammonia solutions are used as thermolytic solutions in
waste heat recovery systems. Organic solutions, such as R-21 and R-123, have a low boiling
point; however, they do not solve in water and show low osmotic efficiency [4]. Ammonia
water (ammonium hydroxide) is another widely used ORC solution; however, it is corrosive,
which means the damage of the materials of RED such as membranes and spacers. An
ammonium bicarbonate is a promising thermolytic solution owing to its high solubility in
water, large osmotic efficiency, circulation capacity, and relatively low molecular weight
[17, 18]. More importantly, ammonium bicarbonate can be recovered with moderate heat,
which suggests significant energy advantages compared with the regeneration of other draw
solutes. Ammonium bicarbonate has low decomposition temperature, of approximately 60C
at 1 atm, and it decomposes at 120C. Luo et al. conducted RED experiments by using an
ammonium bicarbonate solution under different inlet conditions. They set different feed
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solution flow rate and feed solution concentration combinations [10]. They achieved a maxi-
mum power density of 0.89 W/m2 with an intermembrane distance of 0.3 mm and with
concentrated and diluted solutions of 2 and 0.02 M, respectively [19]. Kwon and his coworkers
quantitatively tested parameters such as intermembrane distances and IEM types [20]. They
obtained a power density of 0.77 W/m2 with an intermembrane distance of 0.2 mm and with
concentrated and diluted solutions of 1.5 and 0.01 M, respectively. Geise et al. provided deep
insights into the transport phenomena of ammonium bicarbonate through IEMs [21–24]. They
analyzed the relationship between the permselectivity, membrane resistance, membrane struc-
ture, and functional groups fixed on several types of IEMs and individual ion species of the
ammonium bicarbonate electrolyte.
Since 2011, the studies have focused on RED numerical simulations. Veerman et al. developed
a one-dimensional numerical model for a unit cell [25]. Tedesco et al. improved the model of
Veerman with respect to the previously neglected nonideal phenomena, such as concentration
polarization (CP) and temperature variation, and validated a wider concentration range [26].
Kwon and his coworkers further developed the model. They applied some updated thermo-
dynamic properties in the model, such as dielectric constant and viscosity. CP phenomena
were considered in their model through the implementation with empirical equations. This
upgraded model can predict the actual physics more accurately, and it enabled the calculation
of higher concentration combinations. However, the calculation with bicarbonate is yet to be
improved because of its complexity. Compared to a binary electrolyte (e.g., sodium chloride), it
is hard to of extensively expressing the electrochemical information.
The key issue in this calculation is to predict the internal resistance and membrane potential in
the system. Compared with NaCl, which is the conventional electrolyte for the RED process,
the electrochemical information of ammonium bicarbonate requires the estimation of the
membrane potential and internal resistance, including activity and transport number. The
transportation properties of ammonium bicarbonate remain unclarified and unexplored by
extant studies. A recent study estimated the membrane potential based on electrical conduc-
tivity measurements [27]. The solution resistance was computed in the range of concentration
of our interest based on the definition of molar conductivity.
In this study, we performed a numerical simulation of RED power generation. The simulation
was based on ammonium bicarbonate and validated through our experimental results. The
permselectivity of the IEM was assumed as in previous studies [25, 26, 28]. Moreover, we
measured all the properties by an experiment to predict the RED performance more precisely.
Following the model validation, the optimum operating conditions of RED systems were
characterized with different settings in terms of flow rate, intermembrane distance, and con-
centration ratio.
2. Modeling approach
A thermal-driven electrochemical generator (TDEG) is illustrated in Figure 1. The TDEG
consists of a RED system and a separator based on thermal energy [10]. The mixed diluted
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solution can be separated by applying waste heat in the separator. Then, it will be recaptured
in the concentrated solution. Specifically, electricity would be generated when the high con-
centration and low concentration ammonium bicarbonate solutions flow through each side of
the IEM. Meanwhile, ions would pass though the membrane, and the two solutions with
different concentrations are mixed. Then, the flow stream would flow into a thermal separator
(e.g., a distillation column). Waste heat is utilized in the thermal separator to separate the
solute (NH3 and CO2) from the concentration flow stream. The solute from the thermal
separator would be recaptured by the high concentration flow stream to form a renewed high
concentration flow stream, which is supplied to the RED again. Thus, the renewed high and
low concentration streams flow back to the RED stack. The concentration gradient between the
different sides of the IEM is maintained. A unit cell pair in RED is composed of a concentrated
solution channel, a diluted solution channel, a cation exchange membrane (CEM), and an
anion exchange membrane (AEM). The solution concentrations are estimated along the chan-
nel with length L and widthW in this study.
The present model was developed based on the following four assumptions [25]: (1) the
resistance of the IEMs is held at a constant value; (2) the electrode potential of a stack is linearly
proportional to the number of cells; (3) the effect of the electrodes at both ends of the stack is
neglected; and (4) the inlet flow is uniformly distributed into each channel.
Figure 1. Schematic illustration of a TDEG. The figure on the left-hand side shows an RED single-cell model, and it has a
flow length of L. The solution flows through the channel (thickness δ) with a flow rate of Q.
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The input parameters used in the model are listed in Table 1.
When we consider the RED system as an electric circuit, the RED stack exhibits potential
difference and internal resistance. Equation (1) shows the potential difference across an IEM
between two solutions of different concentration, which is described for all ionic species
present in the solution [31]:
ð1Þ
Here, T denotes the temperature, Rg denotes the universal gas constant (8.314 J/molK), F
denotes the Faraday constant (96485 C/mol), C denotes the concentration of solution, zi
denotes the valence number of ion species i, and γ denotes the activity coefficient.
The definition of ionic transport number for species i (ti) is the ionic flux of that species divided
by the overall ionic current across the IEM membrane. The electrochemical information of
ammonium bicarbonate is needed when calculating equating membrane potential. This is
because the equilibrium and ionization constant of ammonium bicarbonate were not clear
[27]. Given that Eq. (1) is not intuitive to determine transport number and activity of
Spacer properties
Open ratio (—) 0.56
Porosity (—) 0.74
Solution properties
Diffusivity of ammonium bicarbonate (m2/s) a 1  1012
Diffusivity of water (m2/s) 1.2  109[29]
IEMs’ properties
CEM Resistance (Ω∙cm2) b 2 [23]
Permselectivity (—) Experiment
Thickness (m) 120 [29]
AEM Resistance (Ω∙cm2) b 12 [23]
Permselectivity (—) Experiment
Thickness (m) 120 [29]
aFrom extant studies [26], the stack performance is not significantly affected by the diffusivity of NaCl for a wide range
(two order magnitude). We verified the same tendency on an ammonium bicarbonate electrolyte for a wider range (three
order magnitude), between 1  1011 and 1  1014 m2/s, because of the heavier molecular weight of ammonium
bicarbonate than that of NaCl [30]. Thus, the value of 1  1012 m2/s is considered as a reliable assumption.
bThe membrane resistance was measured through the direct current (DC) method at 0.5 M ammonium bicarbonate on
both sides [23].
Table 1. Input parameters used in the RED model.
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ammonium bicarbonate compared with NaCl [25, 26, 30, 32], Huang et al. adopted the Planck-
Henderson equation to compute the membrane potential as below [27, 31]:
ð2Þ
In this equation, we assume that the activity of each species is proportional to the ionic
mobility (ui) and the molar concentration (Ci). Here, we assume that the valence number of all
electrolytes in the ammonium bicarbonate solution is dominantly monovalent (+1 or 1)
which can be measured by the pH of the solution [27].
For the binary electrolyte, Eq. (2) is transformed into Eq. (3) by imposing the electrical conduc-
tivity described in Eq. (4) and the permselectivity of the IEM [33–39]:
ð3Þ
ð4Þ
The total internal resistance in the system is computed by the following Eq. (5):
Rohmic zð Þ ¼
1
β
RCEM þ RAEM þ
δH
ΛH zð ÞCH zð Þ
þ
δL
ΛL zð ÞCL zð Þ
 
(5)
Here, δ denotes the thickness of the channels, β denotes an open ratio of the spacer, and Λ
denotes the molar conductivity of the solutions. The third and fourth terms in the right-hand
side denote the resistance of the solution bodies. RCEM and RAEM denote the resistances of the
IEMs measured by the direct current method under standard conditions [23, 39].
The previous Falkenhagen-Leist-Kelbg (FLK) equation describes the molar conductivity gen-
erally based on an NaCl solution, and here, we modified it for the case of ammonium bicar-
bonate [26, 32]. We utilized empirical values by using the definition of electrical conductivity of
ammonium bicarbonate (Λ ¼ κ=C) obtained by conductivity measurements as shown in
Figure 2. The Arrhenius law [40] shows that if a temperature variation exists, then a new
electrical conductivity profile must be established such that the electrical conductivity
increases with the increase in temperature based on the Arrhenius law [40].
The current value is calculated by Ohm’s law, which is based on the system voltage and
resistance, as follows:
ð6Þ
Here, the subscripts int and loadmean the internal resistance of the cell and external resistance,
respectively. The current density i is obtained by integrating I(z) along the channel. Then, the
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current value is divided by the projecting membrane area. The factor 1/2 is related to the pair
membrane area (CEM and AEM) in a cell as follows:
ð7Þ
Finally, the power output and power density of the system can be calculated as Eq. (8):
P zð Þ ¼ I zð Þ2Rload (8)
ð9Þ
Equation (10) shows the total solute transportation (flux) in the system. The total solute flux (Js)
can be divided into two different parts. The first term of the right-hand side of the equation
indicates the counter-ion transport through the membrane, and it is the coulombic part. The
other term in the right-hand side shows the co-ion transport. The co-ion transport can be
expressed by the diffusivity (DAmBi) of ammonium bicarbonate and the ion exchange mem-
brane thickness (h) [25]:
ð10Þ
Another mass transport phenomenon that happens in the system is water flux across the
membrane, which is in the opposite direction owing to the osmosis [29] caused by the concen-
tration difference across the IEM;
Figure 2. Electrical conductivity of ammonium bicarbonate solution for various concentrations. The red dashed line
denotes a third order regression line and R2 = 0.99.
Power Generation with Thermolytic Reverse Electrodialysis for Low-Grade Waste Heat Recovery
http://dx.doi.org/10.5772/intechopen.81006
173
ð11Þ
Here, Dw denotes the water diffusivity.
The concentration profile along the flow channel is calculated by mass conservation equations
for an infinitesimal control volume as follows [25]:
ð12Þ
ð13Þ
Here, Vw denotes the water molar density.
First, the feed solution concentration and solution flow rate are assigned to the model as the
input conditions. Second, the local electric variables are calculated. Finally, the next node
concentration is obtained through Eqs. (12) and (13) with the solute and water transport. The
backward finite difference approximation with a node size of dz = L/3000 is applied.
3. Experimental approach
3.1. Experimental setup for RED
In the experiment, instead of NaCl, ammonium bicarbonate (11213, Sigma-Aldrich) was used.
Figure 3(a) illustrates the RED stack, which includes two electrodes combined with endplates,
CEMs and AEMs, silicon gaskets, and polymer spacers. The endplates were fabricated with
polymethyl methacrylate (PMMA). The electrodes combined with the endplates were fabricated
by titanium and coated with iridium and ruthenium. The calibration of the membranes (CMV/
AMV, Asahi glass) was performed in a 0.6 M NH4HCO solution for more than 24 h after washed
by deionized water. The RED stack consists of five cells, and the effective membrane area was
49 cm2. The polymer spacers (PETEX 06–745/56, Sefar) were used as the channel supporter, and
the vertical material exchange is precipitated in the channel to prevent forming the boundary
layer. The gaskets were composed of silicone rubber sheets with a thickness of 0.3 mm. The
gaskets and spacers were cut in the desired 5 M K4 Fe(CN)6 (31254, Sigma-Aldrich), 0.05 M K3Fe
(CN)6 (31253, Sigma-Aldrich), 0.05 K4Fe(CN)6 (31254, Sigma-Aldrich), and 0.3 M NH4HCO3.
Those experiments were carried out at the room temperature of 25  0.3C.
Figure 3(b) shows the RED experimental setup. All the solutions were fed by peristaltic pumps
(EMP-2000 W, EMS Tech). A four-wire mode cable was connected to the electrodes, and a
source meter (2410, Keithley) was employed to measure the RED performance. We used
polarization and power density curves to characterize the RED system electrochemical perfor-
mance. We measured the terminal voltage over the stack by the galvanostat method with the
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current variation in a step-like way of 10 mA. The power density curve is determined
according to the voltage and the current density.
3.2. Membrane potential measurement
In previous studies related to the RED numerical model, permselectivity was assumed as
either unity or a constant value. However, it was reported that the permselectivity of an IEM
Figure 3. Schematic illustration of (a) the RED stack and (b) the RED experimental setup. The red and purple colors in the
schematic indicate the cation and anion, respectively (e.g., cation or cation exchange membrane).
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varies with different combinations of the concentrated and diluted solutions [22, 27, 36, 41].
Therefore, to predict the RED performance more precisely, we applied the actual permselectivity
of the IEMs as follows.
The permselectivity is calculated by the following equation [39]:
ð14Þ
To calculate permselectivity, a simple experiment was needed to measure the IEM potential.
Figure 4 shows the method we used to measure permselectivity. Two reservoirs contain
solutions with different concentration combinations. Two reference electrodes and an IEM are
inserted between the reservoirs [42, 43]. Ag/AgCl is used as reference electrode, as it has a very
low potential. The total area of the IEM was 0.785 cm2, and the solution contained in each
reservoir was 100 mL. In order to reduce the CP effect, the solutions were circulated, and the
membrane potential was measured by the Ag/AgCl electrodes after 15–30 min when the
system reached a steady state [39].
4. Results and discussion
4.1. Application of actual permselectivity
In Figure 5, the conductivity-based estimation of the membrane potential is presented with a
blue line, which is calculated by Eq. (4). Here, α is set to unity. The experimental membrane
potentials across each IEM are denoted as circular and triangular symbols. For each case, the
Figure 4. Schematic illustration of the experimental setup to determine the permselectivity of the IEM.
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concentration of the diluted solution was kept constant at 0.01 M. The concentration of the
concentrated solution changed with concentration ratios of 5, 10, 50, 100, 150, and 200. The
measured membrane potentials of CMV are greater than those of AMV for most cases caused
by the higher constant charge density of CMV [44–46]. Calculated by Eq. (14), the perm-
selectivity of the CMV drops from 0.952 to 0.888. Moreover, the membrane potential of AMV
also monotonously decreased from 0.959 to 0.866 with an increase in concentration ratio. This
tendency can be explained by two reasons. First, the concentration difference induces osmotic
dwelling, which is when strong osmotic cling occurs because of high osmotic pressure between
the membrane’s internal solution and the bulk solution [22, 41, 47, 48]. Next, the possibility of
co-ions percolation rises to a higher degree with a higher concentration ratio gradient due to an
increase of the CP phenomena, and this leads to an increase at a higher concentration differ-
ence ratio [30, 41, 43]. A new data set of the permselectivity is acquired when the operating
temperature varies. For the electrical conductivity, a similar way should be followed. Because
the mechanism of an interaction between ions and membranes is too complexed, the effects of
the temperature on the permselectivity is partly studied based on the temperature dependence
of the diffusivity of each ion [49, 50].
We calculated the open circuit voltage (OCV) obtained at zero current by applying the actual
permselectivity of the IEMs obtained from Figure 5. We compared it with the experimental
data. A comparison of the OCVs between the calculation and the experiment is displayed in
Figure 6. The red and black bars represent the simulated and measured values of the OCV,
respectively. The flow rate was fixed at 10 mL/min for each cell. The tendency of the simulation
results shows in good agreement with the tendency of the experimental results, although the
simulation values are slightly higher in all cases. This is due to two main reasons: (1) the
uniform flow distribution for the experimental case was not the same completely because of
the flow stream variation due to the effect of flow inlet and outlet branches, leading to the
Figure 5. Comparison of the experimental membrane potential data (circular and triangular symbols) and the solution
conductivity-based estimation by using Eq. (4).
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production of additional shadow areas [32]. (2) The gaseous bubble (CO2, NH3) which is
promoted under the room temperature degraded the system performance, while it was not
considered in this study [17, 51].
Figure 7 shows the effect of actual permselectivity on RED performance when the concen-
trated and diluted solutions were fixed as 1 and 0.01 mol, respectively. Figure 7(a) and (b)
show the polarization curves when applying actual permselectivity, and Figure 7(c) and (d)
present the power density curves, calculated with α = 1 and the experimentally obtained value
α = 0.891, respectively. The experimental result is the average of the actual permselectivity of
CEM and AEM. The maximum difference of the power density between the calculated and
experimental results was 0.2 W/m2. When we considered the actual permselectivity (in the
experiments), however, the gap was reduced to 0.04 W/m2 (0.5%). Therefore, the consideration
of the actual permselectivity plays a critical role in modeling the RED process with ammonium
bicarbonate.
4.2. Model validation with experiments
We numerically and experimentally evaluated the power density based on the variation of
concentration ratio. The evaluation results are shown in Figure 8. In the six cases evaluated,
the concentrated solution varied, while the diluted solution was fixed as constant at 0.01 M.
The intermembrane distance was 0.3 mm, and the feed flow rate was fixed as 10 mL/min for
each cell. The dashed lines represent the simulation results, and the symbols represent the
experimental results. When the concentrated solution was equal to or exceeded 1 M, then all
the simulation results of the power density curve fall in the error bar area. However, the
simulation results deviated from the error bars when the concentrated solution was 0.5 M or
less. This phenomenon could be caused by the lower concentration of the concentrated solu-
tion which induces an increase of the membrane resistance [24, 52].
Figure 6. Comparison of the OCV obtained from the simulation and experiment.
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The change time of the solution in the flow channel depends on the solution feed flow rate.
This results in the change of OCV difference between the concentrated and diluted solutions.
The influence of the flow rate on the RED system power density and the OCV were estimated.
Figure 8. Power density curves with varying concentration ratios. The dashed lines denote the simulation results, and the
symbols denote the experimental results.
Figure 7. Polarization curves (a) and (b) and power density curves (c) and (d), with actual and ideal permselectivity of the IEM.
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The power density is given in Figure 9(a) where the OCV was varied with the solution flow
rate simulated from 0.1 mL to 20 mL/min. The diluted and concentrated solutions were kept
constant at 2 and 0.01 M, respectively. The intermembrane distance was configured at 0.3 mm.
The OCV was increased rapidly below 2 mL/min. Then, it was almost saturated when the flow
rate was over 5 mL/min. It shows that the calculated results quite match with the experimental
ones.
Figure 9(b) shows the effect of flow rate on power density of the system. The simulation results
of power density also showed a slightly different trend from that of OCV. It firstly showed a
steep increase below 2 mL/min and then showed a maximum value at a flow rate value of
8 mL/min. After the power density reached a maximum value, it decreased gradually. Overall,
the simulation can predict the power density trend very well.
Figure 9. (a) OCV and (b) power density with varying flow rates.
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4.3. RED system performance prediction and optimization
The flow rate and the intermembrane distance terms in Eqs. (5), (12), and (13) are vital
parameters of the RED system. These two parameters influence the residence time in such a
way that they control the mixing rate and the internal resistance of the system. In the part, the
RED performance in terms of the flow rate and the intermembrane distance was validated by
using the aforementioned model. Figure 10(a) shows the power density relative to the
intermembrane distance. The feed solution flow rate in the channel was set at a constant value
of 10 mL/min. Both intermembrane distances for the two compartments were varied from 0.02
to 1 mm. The rich and lean solutions were configured at 2 and 0.01 M, respectively. When the
Figure 10. Three different power densities (Pd) of RED relative to (a) intermembrane distance and (b) flow rate.
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intermembrane distance was less than 0.5 mm, the power density is increased evidently and
arrived at 1.8 W/m2 at an intermembrane distance of 0.02 mm.
Here, we also considered the pumping loss in the RED system. This can help us to develop the
actual RED system in practice [53, 54]. The pumping loss is proportional to the pressure drop,
Δp, between the inlet and outlet of the channel, while the flow rate Q is inversely proportional
to the pump efficiency, ηpump, as listed in Eq. (15):
ð15Þ
The pumping loss can be normalized to the effective ion exchange area as Eq. (16):
ð16Þ
The pressure drop was modeled as the well-known Darcy-Weisbach equation, which considers
the effect of the spacer [54], as follows:
ð17Þ
ð18Þ
Here, μ denotes the viscosity (25C), and dh denotes the hydraulic diameter considering the
effect of the spacer porosity n.
Figure 10(a) shows the effect of intermembrane distance on power density including the
pumping loss. The pumping loss increases greatly when the intermembrane distance is smaller
than 0.3 mm. We calculated the power density by subtracting the pumping loss from the total
power. The net power density reached a maximum value at the intermembrane distance of
0.2 mm, and then, it was reduced to below zero at 0.1 mm. This is due to the high pumping loss.
Figure 10(b) shows the relation between the power density and the flow rate when the inter-
membrane distance was specified at 0.3 mm, and the rich and lean solutions were 2 and 0.01 M,
respectively. The highest power density value was 0.76 W/m2 at a flow rate of 6 mL/min. The
optimal value of 0.73 W/m2 for the net power density was obtained at a flow rate of 4 mL/min.
Afterwards, the power density decreased gradually.
Figure 11 shows the effects of the intermembrane distance (δ), the flow rate (Q), and the
concentration ratio on the net power density. In this figure, the net power densities arrived
their maximum values of 0.85 W/m2 at δ = 0.1 mm and Q = 3 mL/min, 0.82 W/m2 at δ = 0.2 mm
and Q = 4 mL/min, and 0.73 W/m2 at δ = 0.3 mm and Q = 5 mL/min.
The highest net power density is obtained when δ = 0.1 mm. The flow rate has a very important
impact on the system performance due to the high pumping loss. However, it is less sensitive
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to the concentration ratio. For the case of δ = 0.3 mm, the performance was less sensitive to the
flow rate, whereas it was more sensitive to the concentration ratio.
5. Conclusion
An ammonium bicarbonate-based RED system operating as a closed-loop system was
designed to convert low-grade waste heat into electricity. It is possible to harness a variety of
waste heat such as released from industrial plants and vehicles or generated by geothermal
and solar heat. In this chapter, a mathematical model for the power generation from a RED
system used NH4HCO3 instead of NaCl. The properties of NH4HCO3 were used, and the
activity of NH4HCO3 in the Nernst equation was substituted by the electrical conductivity via
the Planck-Henderson equation. The molar conductivity of NH4HCO3 was also replaced by a
calculated value. To predict the performance of the RED system, it is very important to
measure the membrane potential precisely so as to obtain the actual permselectivity.
Figure 11. Optimization of net power density with changes in flow rate and concentration ratio. The intermembrane
distances (δ) are (a) 0.1, (b) 0.2, and (c) 0.3 mm, and the diluted solution was fixed at 0.01 M.
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The model simulation showed an accurate estimation of the OCV within a wide range of flow
rates and concentration ratios. The simulation results also fit well for power density with the
experimental results relative to the various flow rates and concentration ratios. Especially, when
the concentrated solution is equal to or exceeds 1M, which is a preferable operating condition for
high power generation. The difference between the simulation and experiment for the solution
with lower concentration could be potentially attributed to the concentration of electrolytes,
which affects the membrane resistance. The improvement in the membrane resistance model
with the concentration variation is an interesting topic in order to obtain a better estimation.
We evaluated the net power density through the validated model including the pumping loss as
a function of the flow rate, intermembrane distance, and concentration ratio. Consequently, the
best performance for the working parameters was obtained. When we fixed the intermembrane
distance at 0.1 mm and the flow rate was 3 mL/min, we obtained the highest net power density
of 0.84 W/m2 with the feed solution concentration ratio was 200 (2 M/0.01 M).
The results of this study can help to improve our understanding of the RED system with
ammonium bicarbonate. This study also provides a good reference for the RED system model-
ing to get a higher energy density by using NH4HCO3 or other compounds.
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Nomenclature
C solution concentration [M]
D diffusion coefficient [m2/s]
F Faraday constant [96485 C/mol]
I electric current [A]
J molar flux [mol/m2s]
L length [m]
P power [W]
Q volumetric flow rate [mL/min]
R resistance [Ω]
Rg universal gas constant [8.314 J/molK]
T ambient temperature [K]
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V electric voltage [V]
Vw molar volume of water [mol/m
3]
W width [m]
dh hydraulic diameter [m]
h membrane thickness [m]
ti transport number of ion species i [-]
i current density [A/m2]
n porosity [-]
p power density [W/m2]
t residence time [s]
zi valence number of ion species i [-]
Greek symbols
Δp pressure drop [Pa]
Λ molar conductivity [Sm2/mol]
α permselectivity [-]
β open ratio [-]
γ activity coefficient [-]
δ intermembrane distance [m]
ε permittivity [F/m]
ηpump pump efficiency [-]
μ viscosity [Pas]
Subscripts
H high concentration solution
L low concentration solution
CEM cation exchange membrane
AEM anion exchange membrane
Acronyms
RED reverse electrodialysis
4Ha Ammonium bicarbonate
ORC organic Rankine cycle
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SGE salinity gradient energy
IEM ion exchange membrane
CP concentration polarization
TDEG thermal-driven electrochemical generator
PMMA polymethyl methacrylate
CEM cation exchange membrane
AEM anion exchange membrane
OCV open circuit voltage
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